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14 wnwona
AprymMmeHT pa3MepHOCTHU

Chrootcem nepeawiti, nosecmsyrwuli 0 TAPAKMEPUCTNUYECKUL 8EKMOPAT

1. B mabmune (n + 1) X n (n + 1 cTpoka, n ¢To761I0B) HEKOTOPBIE KJIETKH OTMEYEHbI KPECTHKAMH.
JlokazKuTe, 4TO MOYKHO CTepeTh HECKOJILKO CTPOK (He BCe), TaK YTOOBI B OCTABIIECs TabIUIE B KAXKIOM
CTO01E OBLIO OB OTMEYEHO YETHOE YHUCI0 KPECTHKOB.

2. Ay, Ag, ..., Ayl — HemycThle IOJMHOXKECTBA N-3JIEMEHTHOIO MHOXKecTBa. JloKazkKuTe, YTO MOXKHO
BBIODATH TAKHE HEMYCThle HEIePECEeKAIONINeCst MHOKeCTBAa UHIACKCOB {i, ..., ix} u {J1,..., e}, 9TO

Chrootcem emopoti, 8 KOMOPOM NOABAAECTNCA CKAAAPHOE NPOUIBEIEHUE

Onpepnenenne. I[Iycrs v = (uq,...,u,) 1 v = (vq,...,0,) — BekTopsl U3 F". Tlonoxum (u,v) =
ULV + -+ URYy, (cm./mpuoe npoussederue BEKTOPOB U | v).

3. JIokazkuTe CBOICTBA CKAJISIPHOTO MPOU3BEAEHUs (U, V, W, v, ..., 0, €V, k ay,... a, € F):

a) <u,v> = <U7u>;

6) (u+v,w)y = (u,w)+ (v, w);

5) (ku,v) = ku,0);

r) Ecim ajvy + -+ + apv, =0, 10 ag(vy,v) +... + a,(vy,v) = 0.

Onpenenenne. Bektopsl u,v € F™ HA3BIBAIOTCS 0pMo2oHaibHbLMu, ecan (u,v) = 0.

4. Jlokazkure, 9To J11000ii HAOOP IOIAPHO OPTOrOHAJBHBIX HEHYJIEBLIX BeKTOpPOoB B R" jmHeiino Hesa-
BUCHM.

5. B ropone k cynpyxkeckux map u n Kay0oB. J[st My KYIWHBI W KEHIIUHBI KOJUIECTBO KJIyOOB, B
KOTOPBIX OHH 00a ObIBAJIM, HEYETHO TOT/IA U TOJTHKO TOTJA, KOTJIa OHU — MYK U KeHa. JlokaxkuTe, 910
n > k.

6. HeckoibKO pa30oiHIKOB XO/IMJIN B OTIEPAIlNH, TpuYeM JTI000i pa300itHIK mMOOLIBAJI B 1 OTIEpPAIIUsX, a
JIFOOBIe /1Ba pa30oilHuKa MOOBIBAIN OJHOBPEMEHHO B k < n onmepanugax. JlokazKuTe, 9T0 IUCIO OMepaImii
HEe MeHbIIIe YNCIa Pa30ONHUKOB.

7. B KlIMax Emunoit Tocynapcrsennoit Omumnuansr (ET'O) n tectoBeix Bompocos. ET'O cnator k
YYIACTHUKOB. VI3BeCTHO, YTO MpOBEpPOYHAS KOMHUCCHS MOYKET TaK MPUIUCATDH MOJOXKHUTETbHbIE BEca Te-
CTOBBIM BOMPOCAM, YTOOBI YIACTHUKH PACHOJIOXKUINCH TIO MEPBUYHBIM OajtaM B JTIOOOM Halepe] 3a-
JIAHHOM TpOILTadeHHOM nopsijke. [IpuBectu moapodHoe akkyparHoe 000CHOBaHHE TOrO, 9YTO N > k.

Chroorcem mpemuﬁ, 8 KOMOpOM Mdb, NOHUMAEM, HTNO MHO20UNEHDBL O HECKOADBKUIL NEpe-
MEHHBLL €CMND nuueﬁuo-aﬂae6pau%ecnue obsexmuL

8. Uwmerorcs muOrowtensl Py(yi,...,Y1000)s - -5 Pioo1(Y1s .-, Y1000) € JdefcTBUTENbHBIME KO-
dbunmentavu. {okazkuTe, UTO CymECTBYeT TaKOH HeHyleBo# wmuorowren R(zi,...,%1001), 9TO
R(Py, ..., Pigo1) = 0 (nMeercss BBUIY PABEHCTBO MHOTOUJICHOB).

9. Ilycrb B — rakoe ceMelicTBO IOAMHOXKECTB MHOXKecTBa {1,...,m}, 4TO MONIHOCTH MONAPHBIX IIe-
pecedeHuii MOIMHOKECTB ITOT0 CeMeiCcTBa TIPUHUMAIOT POBHO ¢ pasimvnbx 3uHadvenuii (0 < £ < n).
JlokazkuTe, 9TO HAMOOTbIIee BO3MO3MOKHOe 3Hadenne |B| pasrno O + - - + CL.



