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Bumkunib, 29 urong - 19 urona 2021 roga

6 wons Macchol

Omnpenesienne. Mamepuarvhot mowkot (M, m) Ha3biBaeTCsl Iapa U3 TOUKH MLJIOCKO-
ctu M u HEHyJIeBOI'O YMCJIa M, & CaMO 1M HA3bIBAETCs MacColl MaTepuaJbHOI TOUKH,

Onpegnenenune. [[enmpom macc cucTeMbl MaTepragbHbix ToYek (My,my), . .., (M,, m,)
C HEHYJIEBOIl CyMMOM MacC HA3LIBAETCS TaKasl TOUYKA 7, JJIs KOTOPOil UMeeT MeCTo pa-
BenctBo myZMy+ ... +m,ZM, = 0.

1. (OcuoBuasi Teopema.) Eciit Touka Z siBJIsIeTCsI MEHTPOM MacC CHCTEMBI MaTe-

puabHbix To9ek (M, my), ..., (M, m,) ¢ HenyaeBoit cymmoit Macc, T0O Jijist JIEOOOM

OMi+...4+m,OM,
rouku O crupase o papercrso O = ™ m1+---+;’én n

ObparHo, ecym jij1st HEKOTOPOit Touku () BBINOJIHSIETCs] 9TO PABEHCTBO, TO TOUKA, / —

HEeHTp MaccC ,ZL&HHOIZ CUCTEMDbI MaTepHuaJIbHbIX TOYEK.

CaencrBue. /[t KOHEUHON CUCTEMBI MaTepHaIbLHBIX TOUYEK IEHTP MAaCC ONPEJIe/IAeTCA
OJJHO3HAYHO.

2. a)(IlpaBmiio pbraara.) llentp macc Z nByx marepuasbHbix Todek (My,my) u
(My, ms) pactiosiozken Ha mpsimoit My Mo.
b) Uccnemyiite, rje Je2KUT MEHTP MACC B 3aBUCUMOCTU OT TOTO, KAKOIO 3HAKA MACCHI.

3. (IIpaBusio rpynnmposku.) [lycrs nana cucrema maTepuaibHbix To9eK (M, my),
ooy (M, my,), Touka Of — TEHTP MACC CUCTEMBI, COCTOSIINEH W3 MepBbIX k W3 HUX.
Torja menTp Mace Beeil CUCTeMbl COBIIAIAET ¢ IEeHTPOM MACC CUCTEMbl MaTepUAIbHLIX
touek (Og,my1 + ...+ my), (Mgs1, mMp11), -, (My, my).

Nnesa! Ecin paspesnTh TOYKKM Ha JiBe I'PYIIILI U PACCMOTPETb HMEHTPHI MAcC 00enx
I'PYIII, TO IIEHTP MAaCC BCEil CUCTEMBI OyJIeT JIeXKaTh Ha MPSIMON, X cojiepxKaiieii. Ecu
c/leJIaThb 9TO elle pas, HO HO-APYIroMy, Y3HaeM, 4YTO ILIEHTP MacC JICKUT Ha KaKOH-TO
JIpyTOit NpsiMOit. I3 9TOT0 MOYXKHO CJIe/IaTh BBIBOJI, UTO IIEHTP MacC — 9TO IepeceveHue
MPAMBIX, TAK KaK OH 00s3aH JIeXKaTh Ha 00enX 1 OH €JIMHCTBEHEH.

4. HaiiguTe 1IeHTP Macc TPeyroJbHUKa, B BEPIIMHAX KOTOPOI'O PaCIOJIOZKEHbl OJINHA-
KOBBIE MACCHI.

5. Ilycre Ay, By, Ch, Dy, E1, Fy — cepeaunnl cropon AB, BC,CD,DE, EF, FA upo-
N3BOJILHOTO MIECTUYTOMbHIKA. JIoKayKnuTe, 9TO TOUKN HepecedeHnst MeIuaH TPeyTroib-
nukos A1C1E; n By D1 F] coBrnaaior.

6. IIycrs ABC'D — BoinyKJiblit gerbipexyroibuuk, K, L, M n N — cepeauHbl CTOPOH
AB,BC,CD u DA. Jlokaxkute, 9T0 TOUKa 1epeceuernst orpeskoB K M u LN siBiisier-
cd CepeJINHOI 3TUX OTPE3KOB, & TaKxKe OTPe3Ka, COeINHATONIETO CepeIMHBI JTMaroHaliel.



7. Hanbr Toukun A, B, C, D, nukakue Tpu u3 HuX He KojutuHeapHbol. M, N — cepeuHbI
orpeskoB AB u C'D coorBerctBenno, K — cepeanna orpeska M N. P — Touka mepe-
cedenns: mejiuan tpeyrosibanka BC D. Jlokaxkute, aro Touku A, K, P KoJnHeapHbI.

8. Ilpstmast mpoxonut depes Bepuinny A rtpeyrosbanka ABC u cepeauny K meananb
B1B. B xakoM OTHOIIIEHUN JIeJIUT 3Ta Ipsmasd cropony BC?

9. Ha croponax AB,BC,CD, DA sbmykioro uerbipexyroibinka ABCD B3aThI
touku K, L, M, N coorsercrBerno, takne ato AK : KB = DM : MC = a n
BL : LC = AN : ND = b. Ilycts P — Touka nepecedenusi orpeskoB KM u LN.
Hoxkaxkure, uto NP : PL=aun KP: PM =b.

10. B Tpeyroabauke ABC' touka Ay mennt croporny BC' B OTHOIIEHHN p : ¢, CIUTasI
or BepmmHbl B, a Touka C7 — ctopony AB B OTHOIIEHUN M : 1, CUNTasT OT BEPIINHBI
A. K — touka nepeceuenuss AA; u CCy. Joxkaxkure, 4ro ;{4—51 = T(1+ g).

11. Kakue Macchl HY?KHO IIOMECTUTh B BEPIIUHBI TPEYrOJbHUKA CO CTOPOHAMU a, b 1
c, 9TOOBI TIEHTP TOJIYYEHHOI CUCTEMbI MaTePUAJbHBIX TOYEK OKa3aJICsd B:

a) TOUKe TepeceveHust OICCeKTPIC;

b) [ICHTPE BHEBIIMCAHHON OKPYZKHOCTH, KaCaloIeiicd CTOPOHLI a;

¢) Touke Haresist (Touke mepecedernst OTPE3KOB, COEIMHSIIONINX BEPIINHY TPEYTO/IbHI-
K& C TOYKOIl KacaHWsi BHEBIIMCAHHON OKPY?KHOCTH ITPOTUBOIIOJIOKHOI CTOPOHBI);

d) Touke 7Keprouna (Touke mepeceveHsi OTPE3KOB, COEMHSIONIINX BEPIINHY TPEYTOTh-
HIKa& C TOYKON KacaH!s BIUCAHHON OKPYKHOCTHU POTUBOIIOJIOZKHONI CTOpOHbI);

e) OpPTOIEHTPE.



