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CoobpazkeHnust HeIllpepbIBHOCTU

B 3ajiauax mbl Oy/ieM 110J1b30BaThCs TE€M, YTO 3aMKHYTbI€ OI'PDAHUYEHHbIE 00JIaCTH U3MEPUMbI, TO €CTh
JIJIST HUX KOPPEKTHO OIpe/iesieHa IO hb.

1. /lokazkuTe cBOMCTBO BBIMYKJ/I0i OrpaHUYIEHHON 00JIACTH: €CJIU CTPOrO MEXKIY ABYMS MapaLie bHbIMI
HPAMbIMUA (B 110J10Ce, HE HA I‘paHI/II_Le) €CTb XOTb OJIHA TOYKA (DUI'YPBI, TO B 110JIOCE HAXOUTCH YaCTh (DUIYPbI
HEHYJIEBOW ILJIONIA/IN.

2. JlokaxkuTe, 9TO BBIIYK/IYIO OTPAHUYEHHYIO 00JaCTh MOYKHO Pa3IeuTh MPIMOil JAHHOTO HallpaBJe-
HUS Ha JIBE YaCTU paBHOM miomaiu. Takas npsiMas eJIMHCTBEHHA.

3. Jlana BBIMyKJiasi OPpaHUYeHHAs 00JIACTh U TOYKA &) BHe; 0) Ha rpaHuIle; B) BHyTpH Heé. JlokaxKuTe,
9TO CYIIECTBYeT MpsaMasi, TPOXOAAIas depe3 3Ty TOUKY U JAeAAIast TI0IA/Ib MOM0IaM.

4. A) Teopema o HenoBuKHON TouKe. Ecsin nenpepsiaas yukuus f(x) orobpazkaer oTpe3oK B cedl,
TO CYIIECTBYET HEIOJIBUKHAsI TOUKA, TO CTh TaKas TOUKa To, 910 f(zg) = x¢. B) HenpepoiBaas dbyukmust
f makoma, uro ypaBuenue f(r) = x He uMeeT JeHCTBATENLHBIX pernenuii. /loKazkuTe, 4TO ypaBHEHHE
f(f(z)) = x Toxke He umeeT JefiCTBUTENLHBIX DeIIeHUi.

5. Haiinure Bce menmpepbiBHBIE (byHKIUH, yaosiaeTsopsionme pasenctsy f(z) + f(y) = f(x + y) upn
BCEX BEMICCTBEHHBIX T, ¥).

Onpenenenne. Qynknust f, onpeenénnas Ha IpoMexKyTKe (OTPe3Ke, MHTepBaJIe, Jyde, Beell mpsamoii)
1 IIPUHUMAIONIAs JefiCTBATE/IbHBIE 3HAYEHNs!, HA3BIBAETCH 6uNYKA0U 6Hu3 (MM TPOCTO 8bNYKAOT), €Cau
eé rpaduk Ha J1I060M OoTpe3Ke [a, b], BXoAgImEM B 001aCTh OIPE/Ie/IeHNs], JIEZKUT HE BBIIIE XOP/Ibl ¢ KOHIIAMHE
(a, f(a)) u (b, f(b)). AHAJIOrHYHO OIpEJIESIETCS MOHATHE BHNYKAOCTIU 66EPL.

6. @yuknust f Bemykia Bau3. A) Jlokazarh, 9T0 Jist JTIOOBIX qHces ¢ U b u3 eé 06JacTu onpe/ie/eHust
BeinostHeno wepaserctso f((a +b)/2) < (f(a) + f(b))/2.

B) (HepasencrBo Vencena) JlokaxKuTe, 9TO JiJist JIIOOBIX YHCEJ Ty, X3, ..., T, U3 OOJACTH OIpe/Ieie-
HUSI U HEOTPUIATENBHBIX (1, ..., Oy, JAIONIUX B CyMMe 1, BBIIOJIHEHO HepaBeHCTBO: f(anzy + ... + apx,) <
arf(xy) + ... + anfx,).

7. JIokazaTh, 9TO BCAKAS BHINYK/as (BHU3 Win BBepX) (DYHKIMsI, OTPEIeIEHHAS HA UHTEPBAaJIe, Helpe-
PBIBHA BO BCEX TOYKAX ITOT0 MHTEepBasa. BepHO M aHATOIMYHOE YTBEPXKIEHHE IS OTPe3Ka?

ﬂ./bﬂ CaAMOCTMOAMENOHO20 PEWEHUA

8. Monax Hauaj BOCXOXKJEHHMe W3 XpaMma Ha TOPY B BOCEMb yTpa M TOIHSIICS Ha BEPITUHY K BOCHMHI
Bedepa. HayTpo oH B BoceMb yTpa HadaJs CI[yCK, TOKe JIUBIINiCA 12 9acoB, IO TOMY 2Ke IyTH, 9TO W BOC-
xoxkienne. /lokazkure, 9T0 OBLT MOMEHT BPpEMEHH, pa3AeeHHbIX POBHO CYTKaMH, KOT/Ia MOHAX HAXOJIHICA
B OJIHON U TOH 2Ke TOYKe.

9. Ha miockocTu JIaHbI JIBe BHINYKJIbIE OIpaHudYeHHbIe (UTYPHI. JloKaxkKuTe, YTO CyIIecTBYeT IMpsaMasd,
KOTOpast Je/JUT KaXKIYI0 U3 HUX Ha JBe YaCTH PABHON ILIOMIAIN.

10. HaiiauTe Bce HenpepbiBHbIe (bYHKIME, yioBIeTBopatomue pasenctsy f(x?) + f(x) = f(x? + x).



