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Cepus 27, ypaBuenue llenag
20 urosisa
1. PemmM B HaTypaJsIbHBIX YHCIax ypasHeHne x2 — 2y = 1.
PazmoxxuM Ha MHOXKHUTEN JIEBYIO YaCTh PABEHCTBA

2* =207 = (z + yvV2)(z — yV2).

[lepBoe HeTpuBHAIBHOE, TO €CTh oTm4aHoe OT (1;0), perieHue ypaBHeHms 1aéT mapa
(3;2).

a) [Tycro (a;b) — mexoropoe pemenne ypasnenns x2 — 2y* = 1. Tlosnyuure, ymMHozKast
o6e uactu ypasaenns Ha (3 4+ 2v/2)(3 — 2v/2) = 1, emé o/HO peleHne ypaBHeHMs.

6) Jokazkure, uTo ypasHenue x> —2y? = 1 nMeeT GeCKOHEUHO MHOIO pelleHuii. YKazxuTe
JIMHENHOe PeKYPPEHTHOe COOTHOIIEHNE, TTO3BOJISIIOIIee 110 MMEIOIEMYCsl PEIeHuio (T, Uy
HAWTH JIpyroe perienne (T 1; Yni1)-

B) YCTaHOBUTE PEKYPPEHTHOE COOTHOIIEHNE, M03BOJIA0NIee 110 periernio (a;b) Haiitu
pemenne (¢;d), npu satom ¢ < a,d < b.

r) JlokazKuTe, 4TO Bee HeTpUBHAJILHLIE pellenus ypasaenus 22 — 2y? = 1 — 9T0 mapbl
(Z0:Yn), 38JAHHBIE COOTHONICHUEM T, + YpV/2 = (3 4 2v/2)", n € N.

Onpedeaerue. Ypasuenue suga z° — dy> = 1, rae d He SABIAETCA KBaJpPaTOM
HATYPaJBHOIO dYHCja, Ha3biBaeTcs ypasHnenuem I[leann. Hanmenbiee HeTpuBmaibHOE
pertenne ypasHenusi Ilesiss HazbiBaeTcst ero GyrnoameHmanrvbHoviM PEULEHUEM.

2. JlokaxkuTe, 4TO BCe pelleHus ypaBHeHus llesiis BeiparkaroTces depes3 hyHiaMeHTaJIbHOe
pelienue.

OBO3HAMIM MHOMKECTBO HHCET B a + bv/d, tie a u b — nesble uncia, depes Z[v/d).
Bcee perennst (ecyin onu ectsb) ypaphenus x2 — dy? = 1 NpUHAJIEKAT MHOMKECTBY
Z[/d]. B 3aate 2 jokazano, ato ecin (1o;yo) — DYHIAMEHTAILHOE PEIIeHIe YPABHEHIs]
2? — dy* = 1, To Bee pelleHns COOTBETCTBYIOT YUC/IAaM, sIBJIAIONUMCS CTEIICHAMU TUCIa

Ty + yo\/a S Z[\/E]

Haxoxk ienne gpyH1aMeHTaabHOTO peleHus mepedopoM HHOT 18 ObIBAET 3aTPYIHUTETLHBIM
(mampumep, dyHIAMEHTATBHOE DeIleHne yPaBHEHUsI r?> — 61ly> = 1 umeer BUX
rg = 1766319049,yp = 226153980). Bcerma n Haxoxkjenune QyHIaMeHTATBHOTO
permenns mepebopoM mpuBeeT K yerexy? Beerma mm ypasuenne [lena o2 — dy? = 1 nmeer
pertenne? OKa3bIBaeTCsI, UYTO BCErJa. YIUBUTEIHHO KOPOTKOE JI0KA3aTe/IbCTBO TEOPEMBI O
CYIIeCTBOBAHWN pelienns ypauenus llemis omyoaukosast B 2008 roxy H. Baitnabeprep
(ABcrpasus). Bee panee m3BecTHbIE JTOKA3aTEIbCTBA OBLIN HE COBCEM JJIEMEHTAPHBI.
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[Tosoxkum g(x,y) = 2% — dy? u Gyjem npeobpasoBbIBaTh 3Ty KBaJIpaTUUHYI0 (DOPMY.
Ecin na odepeanom mare noydmnach gopma g(x,y) = ax? + bry + cy?, To npeobpasyem
eé wm B g(x +y,y) wm B g(z, T + y) Tak, 4T006bI y HOBOI GopMbl Koadbduinent upu >
OBLIT TIOJIOXKUTEJILHBIM, & TIPH Y2 OB OTPUIATEILHBIM — KaK 1y HAuaIbHON (POPMBDI.

3. a) IIpozenaiite s npeobpasosanus 11 GopMbl 22 — 212,
6) Ha kaxoM-To Imare JOJZKHO CTaTh OYEBHJIHBIM, YTO ypaBHeHue x? — 2y? = 1 umeer
peleHue.

B) AHaI0rn4HO, IpojeIaiiTe alropUTM i (POPMEI 22

— Ty

4. a) Yro mpoucxoauT ¢ jucKpuMuHaHToM dopmbl D = b? — 4ac upm sTHX
1peoOpa3oBaHusaX !

0) Hokaxkure, 910 Ha KazKJOM Iare mpeodpasoBaHne MOKET ObITb BBIODAHO POBHO
OJIHIM CIIOCOOOM.

B) Jlokaxkure, 9TO B MOJIyYEHHON MOC/IEI0BATEIBHOCTH (DOPM BCTPETUTCSI TOJIBKO
KoHeuHoe aucjo gpopm. CjieioBaTe/ibHO, MOCAEI0BATEIbHOCTD 3allUKJIITCS.

r) Hokaxkure, 9T0 1O OdYepenHON (hopMe MOKHO BOCCTAHOBUTDH IPEJIBIIYIILYTO.
Cure1oBaTeILHO, MOC/IEI0BATEIBHOCTD 3alUKJINTC O€3 Mpeiepuo/ia.

1) Jokazkure, 4ro y ypasHeHusi [lejuist cymecTByeT HeTpUBHATILHOE pellleHue.

5. Hammmmure pekyppenTHble 1 sBHbIC GOPMYJIbI JIs pelieHns ypasHennd 2 — 7y* = 1.

6. Pemure B mesnix unciax ypasuenne x2 — y? 4+ 2zy — 1 = 0.



