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15. IIpumepHO 1es10€ 1ejioe He TPpUMEPHO IeJioe, a IeJioe

9 uroasa

DTO JUCTOYEK HAa TaKyIO UJEI0: €CJIN UMEETCA CXOJAINIasACd IT0CJI€A0BaTC/IbHOCTD IEJIbIX 9YUCEJI, TO OHa
C HEKOTOPOI'O MOMEHTa IIOCTOAHHAA.

IIpumep. Llensie uncaa a, b 1 ¢ TaKoBBI, 9TO an’ +bn 4 ¢ — TOYHBIH KBAAPAT JJI KasK/I0T0 HATYPATLIOTO
n. JTokaxkure, 9TO CyIIECTBYIOT Takue Iiejble unuciaa d u e, aro an® + bn + ¢ = (dn + €)? naaa kaxoro
HATYPaJHLHOTO 7.

Paccyxaennme. [Tycts 22 = an? + bn + c. Torga x, = Van? + bn + ¢ ~ ny/a. Torja, nanpumep, xodercs
CKa3aTh, 9TO Ty 1 — Ly 9TO ITO-TO THIIO /a, T.€. HOJYIUTD, UTO y/a x0T ObI esoe. IIpobyem:

+1)24+b(n+1)+c) — (an® +bn +
Tnp1—2n = Va(n + 12+ b(n + 1) + c=Van? + bn + ¢ = (a(n +1) (n+ 1) +c) = (an® +bn+c) —
Va(n + 12 +b(n+1) +c+vVan? +bn +c

2an + KOHCTaHTA 2an - (1 +o(1))

— = —Va

Van+ 12 +b(n+ 1) +c+ Va2 +bn+c  2v/an-(1+0o(1))

Nrak, m0CIeI0BATENLHOCTD Tyt — Ly cOCTOUT U3 nenbix unces (1) u exomuresa (1) x y/a. 3naunt, ona
paBHa +/a, HAUMHAs C HEKOTOPOIO MOMEHTa, T.€. Ty, = dn + € JIst BCeX J0cTaTo Gosbumx n, e d = \/a —
nesioe aucyio. Ho rorga muorowienst an? + bn + ¢ u (dn + €)? coBnajiaior jjis Beex JIOCTATOMHO GOJIBITIX
7, T.e. COBIAJAIOT JJIsl BCEX N.

Kommenrapuit. Ha Besikuit ciyuail HAoMmHIO, 9T0 U3 X, ~ ny/a B 00lIeM ciydae He CJIEJyeT, UTo
Tpi1 — Ty — y/a: ecsm pacnuchiBarh (hOPMaILHO, TO

Tpt1 — Tp = \/a+ 0(”)7

HO 0(n) MOXKeT ObITh U GECKOHEIHO GOJIBIION MOC/Ie0BATEILHOCTEIO. Tak 4To mpuaércs mpenoaraTb 1
IIPOBEPSTh.

KommenTtapmit. O6paTuTe BHUMaHUE, 9TO MBI 3/1€Ch BHIYATAJIA UMEHHO X, YTOOBI OCTaBaThCA IOCJIEI0-
BATEJILHOCTBIO TIEJIBIX dnces. Jlerko mposepursb, uto x, = ny/a + o(1). Ho mMbl Huuero He 3uaeM 06 310ii
o(1). Eciu ke Tereph HammcaThb

Tpp1 — Tp = (n+ 1)Va —nva+o(1) = Va+o(1),

TO 3a CYET MEJOIMCICHHOCTH MbI y3Ha6M, 9T0 0(1) B 9TOil 3ammcn Ha caMOM Jiesie TOXKIeCTBEeHHBIH 0.

1. Koadpdunmenrsr MmHOTOUIEHA f 1IeJibIe, & €ro creneHb paBHa k. VI3BectHo, uto uucio {/ f(n) — memnoe
JUIst KazKJI0ro HaTypaJibHoro n. JlokazKuTe, 9To CyIIecTBYIOT TaKue Hejble uucia a u b, uro f(x) = (ax+b)*.

2. Harypasbnele uncia a u b Takossl, uto ™ + 0" nesmres Ha a™ 4 b 118 6ECKOHETHOTO MHOYKECTBA
PA3INIHBIX HATYpPaIbHbIX n. Obs3arenbno ju Torya a = b?

3. Muorowuiens! f u g ¢ neabiMu Ko dUuImenTaMn TaKOBbI, 9TO J/1sT 06CKOHETHO MHOTUX HATYPAJIbHBIX 7
BoinostaeHo f(n):g(n). Jokazxkure, 910 HaiiIETCS TaKOit MHOrOU/IEH A ¢ pAIrMOHAIbHBIMI KO duImeHTaMu,
gro f =g h.

4. Harypajbuble uncia a, b u ¢, 6oJbime 1, TaKOBBI, YTO JJIs BCEX HATYPAJbHBIX N HAWJIETCA TaKoe
HarypaJsbHoe k, ato a* 4+ bF = 2¢". Jlokaxkure, uTo a = b.

5. Cpeut JIefiCTBUTEIBHBIX YHUCENT 41, dg, ..., Uy20 €CTh XOTs ObI OHO He mesoe. Jlokaxkure, 4To JJIst
0ECKOHEYHO MHOTHUX HATYPAJbHBIX N 4ucaa n U |ain| + |asn| + ... 4+ |agg20m| B3aUMHO IPOCTHI.
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6. Ilespie uncsia a 1 b TaKOBBI, UTO JIJIsi BCEX JOCTATOYHO OOJIBIINX HATYPAJIbHBIX N 9UCJIO @ - 2" + b —
TouHbI KBayIpar. Jlokaxkure, uto a = 0.

7. Ilycrs f — mpuBeI€HHBII MHOTOUJIEH C TesibiMu Kodd durmentamu. M3BecTHo, YTO 718 KayKJI0r0 HATY-
pasbHOTO uncya n ypasuenue f(x) = 2" umeer XoTs ObI OJJHO PeIlleHNe B HATYPAJbHBIX duciax. JJokaxure,
aro deg f = 1.



